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Grupa 1

1. Izraqunati I1 =

∫
arctg (ax) dx. 2. Izraqunati I2 =

∫
x− 1

(x+ 2)(x2 − x+ 2)
dx. 3. Izraqunati I3 =∫

dx

2− cos2 x
. 4. Izraqunati I4 =

∫ ∞
1

ln(2x− 1) dx

(x+ 1)2
. 5. Na�i du�inu luka krive y = 2

3x
3/2 + x za 0 6 x 6 1.

Rexe�a

1. I1 =

 u = arctgax, dv = dx,

du =
adx

1 + (ax)2
, v = x

 = xarctg(ax)−
∫

ax dx

1 + (ax)2
= xarctg(ax)− 1

2a

∫
d((ax)2 + 1)

(ax)2 + 1

= xarctg(ax)− 1

2a
ln((ax)2 + 1) + C.

2.
x− 1

(x+ 2)(x2 − x+ 2)
=

A

x+ 2
+

Bx+ C

x2 − x+ 2
⇒ (A,B,C) =

(
−3

8
,
3

8
,−1

8

)
,

I2 = −3

8
ln |x+ 2|+ 3

16
ln(x2 − x+ 2) +

1

8
√
7
arctg

2x− 1√
7

+ C =
3

16
ln

x2 − x+ 2

(x+ 2)2
+

1

8
√
7
arctg

2x− 1√
7

+ C.

3. Uvodimo smenu tgx = t, cos2 x = 1
1+t2 , dx = dt

1+t2 , pa se polazni integral svodi na∫
dt

2t2 + 1
=

1

2

∫
dt

t2 + 1/2
=

1√
2
arctg(

√
2tgx) + C.

4. Neodre�eni: I3 =

 u = ln(2x− 1),
dx

(x+ 1)2
= dv,

du =
2 dx

2x− 1
, − 1

x+ 1
= v

 = − ln(2x− 1)

x+ 1
+

∫
2 dx

(x+ 1)(2x− 1)

= − ln(2x− 1)

x+ 1
+

2

3
ln

∣∣∣∣2x− 1

x+ 1

∣∣∣∣+ C, nesvojstveni: I3 = ln 16
3 .

5. L =

∫ 1

0

√
1 + (

√
x+ 1)2 dx =

[√
x+ 1 = t, x = (t− 1)2

dx = 2(t− 1) dt

]
=

∫ 2

1

√
1 + t2 · 2(t− 1) dt

=

∫ 2

1

√
1 + t2 d(1 + t2)− 2

∫ 2

1

√
1 + t2 dt = · · · = 4

√
5−
√
2

3
+ ln

1 +
√
2

2 +
√
5
.
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Grupa 2

1. Izraqunati

∫
arctg(3x) dx.

2. Izraqunati

∫
x+ 1

(x− 2)(x2 + x+ 2)
dx. Isto kao grupa 1, samo − ispred logaritma.

3. Izraqunati

∫
dx

cos2 x− 2
. Isto kao grupa 1.

4. Izraqunati

∫ ∞
1

ln(2x− 1) dx

(x+ 2)2
. Neodre�eni: − ln(2x− 1)

x+ 2
+

2

5
ln

∣∣∣∣2x− 1

x+ 2

∣∣∣∣+ C, nesvojstveni: 2
5 ln 6.

5. Na�i du�inu luka krive y = 2
3x

3/2 − x za 0 6 x 6 1. L = 2−
√
2

3 + ln(1 +
√
2).


